ABSTRACT. We offer the following generalization of an observation of Graham Allen about left inverses: if the elements of a semigroup of Banach algebra elements can all be given mutually commuting generalized inverses, then they can all be given invertible generalized inverses.
If A is a ring, with identity 1, we shall write A-1 for the invertible group and From (1.5) and (1.6) we get (1.4), which now gives (1.3), since
is evidently an invertible generalized inverse for a. D The proof of Theorem 1 is exactly the argument of Hochwald and Morrel [4] , who are assuming that A is a Banach algebra and that g(a) is a left inverse for each a E D: their conclusion is that a is invertible. Allan [1] assumes that D = Aj^t and concludes that g does not exist: his argument uses complex function theory and is confined to complex algebras. In [2] and [3] we called an element satisfying the condition (1.3) decomposably regular: it is rather easy to see that if a decomposably regular element is either left or right invertible then it must be invertible.
